Abstract. In this paper we shall prove that if an operator T € -S"(0" H) is a finite triangular operator matrix with hyponormal operators on main diagonal, then T is subscalar. As corollaries we get the following:
Introduction Let H and K be separable, complex Hubert spaces and £?(H, K) denote the space of all linear, bounded operators from H to K. If H = K, we write -S*(H) in place of -^(H, K). An operator T in -^(H) is called hyponormal if TT* < T*T or, equivalent^, if \\T*h\\ < \\Th\\ for each h in H.
A linear bounded operator S on H is called scalar of order m if it possesses a spectral distribution of order m, i.e., if there is a continuous unital morphism of topological algebras <D: C0m(C)^^ (H) such that O(z) = S, where as usual z stands for the identity function on C and C¿"(C) stands for the space of compactly supported functions on C, continuously differentiable of order m , 0 < m < oo. An operator is subscalar if it is similar to the restriction of a scalar operator to a closed invariant subspace.
This paper is divided into four sections. Section 2 deals with some preliminary facts. In section 3, we shall state the Putinar theorem. In section 4, we shall prove our main theorem and several corollaries.
Preliminaries
An operator T g -S? (H) is said to satisfy the single-valued extension property if for any open subset U in C, the function z-T: 0(U,U)^0(U,H) defined by the obvious pointwise multiplication is one-to-one where 0(U, H) denotes the Fréchet space of H-valued analytic functions on U with respect to uniform topology. If, in addition, the above function z -T has closed range on 0(U, H), then T satisfies the Biship's condition (ß).
In other terms, condition (ß) means that, for any open set U and any sequence of analytic functions /" G 0(U,H), lim,,-.^/,, = 0 in 0(U,H) whenever lim"_<oo(z -T)f" = 0. In particular, (z -T)g -0 if and only if £ = 0, where geO(U,H).
2.1 Lemma ( [MP] , Theorem 5.5). Every hyponormal operator has property (ß). Let z be the coordinate in the complex plane C, and let dß(z), or simply dß, denote the planar Lebesgue measure. Fix a complex (separable) Hubert space H and a bounded (connected) open subset U of C. We shall denote by L2(U, H) the Hubert space of measurable functions /: U -* H, such that Il/ll2,t/=(^||/(z)||2rf^)) <°°-
The space of functions f e L2(U ,H) which are analytic functions in U (i.e., df = 0) is denoted by A2(U, H) = L2(U, H) n 0(U, H). 
Main theorems
In this section, we shall prove that every algebraic and triangular «-hyponormal operator is subscalar.
Definition. An operator T G -S"(H) is algebraic if there is a non-zero
polynomial p such that p(T) -0.
4.2 Definition. An operator T G -^(H) is nilpotent if T" = 0 for some integer n .
Proposition. Every nilpotent operator is an algebraic operator.
An interesting characterization of algebraic operators was given by P. R. Halmos. The following theorem will be proved in this paper. We prove this fact by induction. We assume that Lemma 4.7 holds for some given t = 2,3, ... , n . We only need to verify that ( lim*.,«, ||(P,i -z)fk + Tx2fk + ■■■ + Tx<t_xfk_x + 1 ® Af|U,-" =0, I lim^oolKP,-!,,-! -z)fk_x + 1 ®A*_, ll^n-i) =0.
Theorem ([Ha]). If T is an algebraic operator and p is a polynomial of minimal degree n such that p(T) = 0, then T is unitarily equivalent to
However the reader will note that this result follows directly from (1, 1) , ... ,
(1, t) provided lim^«, \\d'fk ||2 D = 0 for i = 0, 1, ... , 2(í -1 ). So this will be shown to be true. 4.16 Question. Let T= (Ti  T2\   \T3  T4) where {P,} are commuting hyponormal operators. Is T subscalar?
